
 

I Hyperbolicgeometryonsurface

Inthevarionsmodelsofthehyperbolic

0 spaces ns a boundaryat os

JosHRauthethefollowingproperties

ci Isolate R Zostttandtheactionisconjugatedtotheactionof
Paz R onIRA1
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Inotherwords wehave a R linebundle
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ThegeodesicflowonUHRistheidentifyruththe Raction
onthisbundle

II Fuchsiangloupandtheactionof RIP
Assumenowthat Factson AT MHR S closesurface

i everynontrivialelementen P acts on HR

withexactlytwofixedpt jt g
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7 thus j'ft n e afteratranslation

SincePisdiscrete it followsthat ZLg 212 isdiscreteThus
3np sothatn Ly pLz andthen JEzP De

Cii everyorbitofPonZsttRisdense
Alet1besuchanorlit.letC ConvexEnveloppeenHPof À
Then C isgloballyinvariantbyM andboundedbygeodesic
thus Clpis aclosedsurfacewithtotallygeodesic boundary Et
ttfollowsthatsinceElretractson agraph that
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ii theset f jet C G isdense
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II Conjugacybetween Is

Proposition giventworeprentationsqpa P s Paz R IsoCAID

Thereexists 4 Holder

4 JosHR DosHR

4 Xx pas4

A RouenlaterDobutthereis atopologicalproofbelow

Definition 1stversion

Aboundaryat at is a circleS D topologicalactionof P
sothat thisactionis conjugatedwiththeactionof ptn onZosttta

Remark i AUboundaryatooty aieisomorphic as zoom s
DoseS carries aHolderstructure i e is aHéldermanifold

Let then Gp Is Px Is P IS A Gapusinganhyperbolisation

Def A geodesicflourfar Pis a R principalbundle
1 Gp

equippedwith anactionof Psothat Vp is compact
Theme Anosovrepresentation hgeodesicfleurforMy

of p
spectralradius closedorbit



II Atopologicaldescriptionof Joshusingintersectionandpositivity
LÜ GivenExg CGfc ztsegfgixy.at allpairwisedistinct

wehave two possibleconfigurations

Proposition all possibleconfigurations far xg Ei z t si
B Far 2Emes aiedescribed purelytopologically

HdCase i Thereexists n 0 sothat P LE Inn T isfree
and3,2aierepresentedby simple closedgeodesics withintersection 0

Case 2 Thereexists n 0 sothat P LEntz T isfree
and3,2aierepresentedby simple curveswithexactly 1 intersectionpt Do

Proposition giventworeprentationsp D s Paz R IsoCAID

Thereexists 4 continuous laterwenthaveHolder

4 JosHR DosHR

4 Xx em

1 let N F je pitié jour if Jmp 0 JE zn
Thenwe candefine 4 MLP Josh withoutanyambiguity
bypreviousproposition

2 Saythat ci saythat j rt if a ynintersects

b f zno on no doesnotintersect



3 saythat Gax x E MM is positive if thereexists
J'n j 8hJin Rinnin sothat 8mi xi and wehave

3 Showthat VI Adp 71 preserves thecyclic

Jinxai ordering
onÙ 3 concludebyemarkingthatif 4 1ca.HR McDoHP

is bijective preservesthecyclicorderingand 1,1 denseThenY
extendsuniquelyto a continuousmap

II Boundaryatos andgeodesic flows

Def Aboundaryat os 2 TuG is a topological circle A DIT

sothat i j actsby on 1 zt zteszqc.irEveryorbitof Ils is dense
Lü theintersectionof Cgtj with riz
agreeswiththetopologicalone

Theoremall boundaryat xD aie homeomorphic
Thenotionof Is extends to amuchmoregeneral situation butnot
thisproof Thisproofemphasizestheorderstructureof Zin which

is afeatureofdime andis intimatelyrelatedtopositivity


